
TALI MINIMAL (SATAKE ) COMPACTIFICATION S

Recall : CG ,
x) Shimura datum
-

KE GHAH compact open
→ shield) = GmtGl#f)he

Shimura variety
what we know so far . . .

④ 13¥11.ShuCGH are q⇒i- projective varieties 11C
• for k Ek '

,
she → Shu are regular maps

(finite estate)

② Modulariukapnetatious: In many cases , Shula ,
X) represents

a moduli problem invoking abelian varieties + pd . -1 lol structure
.

③ Cauomcaltlodek: Shake , H have canonical models 1¥49field
so we've almost ready to da algebraic geometry with Shimura ran,

but . . . it's a problem that they're not projective !

Goat Shu (G x) → Shu CG
,
H* ( projective )

open
immersion ↳ minimal 1Satake compactification

compatible with KEK' etc .

His¥. Baily & Borel constructed Shields first
and proved :

Shu (Gx) → ShKCGX)* ⇒ Png ( MFkdwe%phic fans )
quasi- projective projective



Recall , F X
-1 lass . to connected Sh . datum) sit.

Shh CGH = ¥± Ii ) X
"

( David 's talk)
-

→ connected
finite components

Goat compactly Akt .
We 'll see how to do this through examples . . .

Example. Modular curves .

H -
- Stenz > 03

Recall : G -- Sh , Xt - H
¢

For f- SLZCZ) →

⇒ entrants::3
"

Eft
Note : stab la) -- ffI¥)} - B .

SLZCQ) ! sideuotei
In general , look at Ht

= 710 B'(Q) could look at'

# It - Ho P'(R)= flu (Gia) -a) . . - a. . . "

bat that's not
vote that SLI G P' (Q) necessary !

⇒ trashed)
, ①TH)*i= FINK - RI Hu P'CQ) .

When I -stalk) : HEE QI F (Ebd ) C- Shed set . (E 8) a = I
⇒ IINK -- ElHuda}

.

In general , AH
* E ITH of

' (Q)

in

finite

topology Open neighborhoods of a : Wrfz ITunes of of.} for r> o

* w.



Open nbhd of cusp E : pick restack) s -t. so -- E

→ 8Wr for r> 0

-1¥ HOROftp.cozfgy (SATAKE TOP .)

Exempted two examples with x -1=71×71 . → Hitbatankuodgdalar
G - Slzxslz G=ResrygSLz# AQ neat
- quadratic

Recall : GHQ ) = Sheff)
GCR) - SLZIR) + SHIR) etc .

Shelf) G HEH n'a

tfslzlf)
,
86, izz) =@(8) Z , c

0218) Zz)
Oi ,Oz if→ IR

attend to attend

i÷¥÷÷:±÷¥÷i÷÷÷±÷÷÷÷÷:÷:::::i¥÷÷. .

(E)Hirth - I lH*xH* (f)Http* = RICHxHI*

Note Note (ko ¥)

staff ( Hea ) = SLIGH BCA) Stalag (oxo ) - BCQ) E SHF)

stale @ (ratio)) = Shld)x8B 8-I Stabglacsdooxodsdoo) = 8 BLAH
"

State flax 71 ) - B x Shia)

staff (oxo) = BLAH BLA)

etc .



take-away.

{ RA%NpAoLueRffNsDARY} →
RATIONALPPIERAGBOUCSABGROups
ST . PULLBACKS OF P ONTO{
¥.EE#EFEIgrLahiaEE9aEaBouc}

C l- P-stab
@
(C) n

for a defined by na- deg .
P - stab (Vi . - , Vn ) !

pairings . . . INCREASING SEQUENCE{
of tofu InYhsotropk SUBSPACE)

(move in Lan ! ) WEVauisotr. if Lwow> to ttwew

Finalexaeapk : Siegel tkneefdds

G-- span = {MEMan / MT (fan II ) m = 0 }
→ Hn = f ZE Syennxn (Q) I Tun 2- so }
w/ ( IBD ) ' 2- = (Azt B) . LCZTDI

- 1

We consider n = 2 .

There are 3 orbits of parabolic .

ID Borel

TB
= ( (

*

¥*¥¥
.

) ) ← H'Folle at }
Note f Bt- ft'¥ ) }
⇒ weird shape ( maybe)

(2) klinglnpanabdic

PM = ff '¥¥¥¥ ) } ← {¥ }



B)

Siegelparabdicpay=ff¥¥¥¥¥* ) } ⇐ K¥1}
Note : BCA) =P"ka) n Pk' (Q) → not maimed !

Finally : l- dime o-dim ' l

HE = Hz o GCQ) . ( a th ) u GCQ) . ( ° a )

I t
p"ka) pm(Q)

Upshot A general recipe for finding
Shakx) ↳ Shrek .Htt

is now dear (although the combinatorics may get tricky ) .

Ridden. Shield ,
* has high codimension boundary components
which are UiTm !

Of course
,
we could use Hironaka 's resolution of sing .

but how can we do this without messing up thearithmetic ?
To be continued . . . I mostly in the Hilbert case )


